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Introduction 
 This is investigation of current density distribution in microstrip line with Simbeor 

3DTF solver (from Simbeor THz release) 
 Simbeor 3DTF is frequency-domain solver with the simulation technology based 

solely on the Trefftz Finite Element (TFE) method 
 TFE method is the finite element method based on the wave expansion of electromagnetic fields inside 

elements and either scattering or admittance matrix formulation 
 Electromagnetic field computed within the element is always exact solution of the Maxwell’s equations  
 The solution is an approximation of the boundary value problems (problem with all boundary conditions 

imposed) 
 Any type of dielectric, conductor and semi-conductor are meshed and solved in the same way 
 Trefftz element size within dielectrics and conductors may be comparable or even greater than wavelength 

or skin depth without the loss of accuracy in many problems 
 Trefftz elements within conductive and semi-conductive materials provide asymptotically correct solution at 

low and high frequencies as well as at the frequencies of transition to skin-effect 

 TFE method makes possible to solve problems over 6-8 decades of frequency 
bandwidth with the same mesh in one frequency sweep as demonstrated here 
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Microstrip segment 
 7-mil wide microstrip line segment 60 mil long in 1 mil thick layer Signal1 with two ports with the 

reference conductor in Plane1 (1 mil thick); conductor is copper – no roughness; 
 PMC boundary conditions as external wall to prevent current flow on the simulation box walls  
 Currents are computed at the X=0 plane (middle of the segment) – cross section is Y=104 mil by 

Z=20 mil ; plane size along Y is 84 mil; 
 Port 1 has 1 V voltage source in series with 50 Ohm resistor, port 2 is terminated with 50 Ohm 

(current in strip and plane is 0.01 A) 
 Current density in A/m^2 is computed and shown on all pictures 
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Observation 
plane X=0 

1 V, 50 Ohm 

50 Ohm 



Peak conduction current 1 KHz 
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Skin Depth 82 mil (conductor thickness is  0.012 of SD) 
Current density on strip 2.22e6 A/m^2, on plane 1.85e5 A/m^2 – 
0.01 A total current on plane and strip in opposite directions 

Uniform distribution in both strip and plane 

[A/m^2] 



Peak conduction current 1 MHz 
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Skin Depth 2.6 mil (conductor thickness is 0.38 of SD) 

Uniform current distribution in strip, crowding in plane 

[A/m^2] 



Peak conduction current 10 MHz 
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Skin Depth 0.82 mil (conductor thickness is 1.22 of SD) 

Higher currents at the strip edges, further crowding in plane 

[A/m^2] 



Peak conduction current 100 MHz 

© 2015 Simberian Inc. 8 

Skin Depth 0.26 mil (conductor thickness is 3.84 of SD) 

Further concentration at strip edges and in plane below the strip 

[A/m^2] 



Peak conduction current 1 GHz 
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Skin Depth 0.082 mil (conductor thickness is 12.2 of SD)  

Well developed skin effect in both strip and plane 

[A/m^2] 



Peak conduction current 10 GHz 
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Skin Depth 0.026 mil (conductor thickness is 38.5 of SD)  

Higher current density in thinner layer 

[A/m^2] 



Peak conduction current 50 GHz 
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Skin Depth 0.012 mil (conductor thickness is 83.3 of SD) 
Plot is on the same scale as 10 GHz 

Higher current density in thinner layer 

[A/m^2] 



Peak conduction current 100 GHz 
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Skin Depth 0.0082 mil (conductor thickness is 122 of SD) 
Plot is on the same scale as 10 GHz 

Higher current density in thinner layer 

[A/m^2] 



Instantaneous current 1 MHz (t=0) 
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Skin Depth 2.6 mil (conductor thickness is 0.38 of SD) 

Currents are flowing in 
the opposite directions 

[A/m^2] 



Instantaneous current 1 GHz (t=0) 
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Skin Depth 0.082 mil (conductor thickness is 12.2 of SD)  

? 

[A/m^2] 



Instantaneous current 1 GHz - strip 
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Skin Depth 0.082 mil (conductor thickness is 12.2 of SD) 

Currents at some distance 
from strip surface are flowing 
in opposite direction 

[A/m^2] 



Peak power flow at 1 GHz [W/m^2] 

© 2015 Simberian Inc. 16 

Poynting vector outside the 
conductors is directed along the TEM 
wave propagation direction  

Poynting vector in the conductors is 
perpendicular to the conductor surface 
and points into the conductor!  
Though, it is considerably smaller. 



Instantaneous current 1 GHz - strip 
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Reversed current inside the strip 
Strip 

TEM wave propagation 
direction (green arrows) 

Delay of the wave propagating into the strip explain the current 
reverse and the internal inductance 
Skin Depth 0.082 mil (conductor thickness is 12.2 of SD)  

[A/m^2] 

Wave propagation direction inside conductor 



Instantaneous current 1 GHz - plane 
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Currents at some distance 
from the plane surface are 
flowing in opposite direction 

[A/m^2] 



Analytical solution for current density 
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Magnitude 

Real 

Imaginary 

Strip 
Bottom 

Strip Top 

Current Density at 1 GHz Real negative part means direction 
opposite to the surface currents! 
 
Similar to the current in round wire 

Wire 
Center 

Wire 
Radius 

Magnitude 
Real 

Imaginary 

Reversed 
current 

Reversed 
current 



Instantaneous current 10 GHz 
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Skin Depth 0.026 mil (conductor thickness is 38.5 of SD)  

Currents in opposite 
direction inside 

[A/m^2] 



Peak conduction currents at 100 GHz 
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Skin Depth 0.0082 mil (conductor thickness is 122 of SD) 

Much smaller current 
on strip top 
Larger currents at 
bottom corners 

[A/m^2] 



Instantaneous surface current 1 MHz 
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Almost uniform currents on the strip 
Almost identical currents on top and 
bottom of the plane 

[A/m] 



Instantaneous surface current 1 GHz 
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More currents on the strip edges 
No currents at the bottom of the plane 
Narrower return current path 

[A/m] 



Instantaneous electric field at 1 GHz 
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[V/m] 



Instantaneous magnetic field at 1 GHz 
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[A/m] 



Instantaneous power flow at 1 GHz 
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[W/m^2] 



Instantaneous displacement current at 1 GHz 
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[A/m^2] 



Instantaneous surface current 100 GHz 
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[A/m] More currents on the strip edges 
The segment is about equal to wavelength 
– current is reversed in the middle 



Instantaneous magnetic field 100 GHz, t=0 
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H in A/m – exact solution of 
Maxwell’s equations inside 
each element 



Instantaneous electric field 100 GHz, t=0 
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E in V/m – exact solution of 
Maxwell’s equations inside 
each element 



What if we cut the plane? 
 Same strip line segment, 7.5 mil by 43.5 mil cut 

in the plane 
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1 V, 50 Ohm 

50 Ohm 



Surface current density at 1 MHz 
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Instantaneous values at t=0 
|S11|=-73 dB (negligible reflection) 
Currents flow on top and bottom side of the plane 

[A/m] 



Surface current density at 1 GHz 
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Instantaneous values at t=0 
|S11|=-36 dB (very small reflection) 
More currents flow on strip edges and on 
top side of the plane 

[A/m] 



Electric field at 1 GHz 
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Instantaneous values at t=0 
|S11|=-36 dB (very small reflection) 
Almost the same as for regular strip 

[V/m] 

Relatively small distortion 
around the cut 



Magnetic field at 1 GHz 
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Instantaneous values at t=0 
|S11|=-36 dB (very small reflection) 
H is getting through the slot 

[A/m] 



Power flow at 1 GHz 
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Instantaneous values at t=0 
|S11|=-36 dB (very small reflection) 
Energy bypasses the slot without reflection 

[W/m^2] 



Displacement current at 1 GHz 
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Instantaneous values at t=0 
|S11|=-36 dB (very small reflection) 
Much larger on the other side of the slot 

[A/m^2] 



Surface current density at 10 GHz 
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Instantaneous values at t=0 
|S11|=-16 dB (small reflection) 
More currents flow on strip edges and 
almost all currents on top side of the plane 
It still makes it through the gap! 

[A/m] 

Currents at the bottom side of 
planes only in the gap bypass area 



Surface current density at 100 GHz 
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Instantaneous values at t=0 
|S11|=-0.5 dB (almost complete reflection) 
Standing wave – nothing goes through! 

[A/m] 

Cut behaves as slot line about wavelength long with short 
circuit condition at the ends, that is translated into open 
circuit condition at the strip location 
See more at H.J. Liaw, H. Merkelo, Signal integrity issues at 
split ground and power planes, ECTC 1996, p. 752-755. 

short 

open 



Electric field at 100 GHz 
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Instantaneous values at t=0 
|S11|=-0.5 dB (almost complete reflection) 
Standing wave – nothing goes through! 

[V/m] 

short 

open 



Magnetic field at 100 GHz 
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Instantaneous values at t=0 
|S11|=-0.5 dB (almost complete reflection) 
Standing wave – nothing goes through! 

[A/m] 

short 

open 



Power flow at 100 GHz 
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Instantaneous values at t=0 
|S11|=-0.5 dB (almost complete reflection) 
Standing wave – nothing goes through! 

[W/m^2] 



Displacement current at 100 GHz 
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Instantaneous values at t=0 
|S11|=-0.5 dB (almost complete reflection) 
Standing wave – nothing goes through! 

[W/m^2] 



Observations 
 Current and field distribution of microstrip line segment is 

analyzed from 1 KHz to 100 GHz with TFE-elements on 
the same hexahedral mesh in one frequency sweep 

 Different stages of current distribution are observed 
 Uniform at very low frequency 
 Current crowding in the reference plane at low frequencies 
 Current crowding at the surface and edges at higher frequencies 

 At high frequencies: 
 The largest current density is at the strip edges (theoretically 

infinite value, complicates estimates of conductive losses) 
 Currents observed at the bottom surface of strip are over 2 times 

larger than on the top surface in the analyzed case  
 Currents have reversed direction at about 2 skin depths 

© 2015 Simberian Inc. 44 



6/6/2015 © 2013 
Simberian 

Inc. 

45 

Simberian Inc. 
 Mission 

 Build accurate, easy-to-use, and cost-effective electromagnetic 
software for high-speed electronic design automation 

 Incorporated in USA on February 28, 2006 
 Founder and President Yuriy Shlepnev 

 PhD in in computational electromagnetics 
 25-years experience in building electromagnetic software 

 Development in Las Vegas, USA, St. Petersburg and 
Voronezh Russia 

 Location and contacts 
 Corporate office: 3030 S Torrey Pines Dr., Las Vegas, NV 89146, USA  

Tel/Fax +1-702-876-2882, skype simberian 
 Web: www.simberian.com 
 Support knowledge base www.kb.simberian.com  

http://www.simberian.com/
http://www.kb.simberian.com/

	Currents in microstrip line
	Introduction
	Microstrip segment
	Peak conduction current 1 KHz
	Peak conduction current 1 MHz
	Peak conduction current 10 MHz
	Peak conduction current 100 MHz
	Peak conduction current 1 GHz
	Peak conduction current 10 GHz
	Peak conduction current 50 GHz
	Peak conduction current 100 GHz
	Instantaneous current 1 MHz (t=0)
	Instantaneous current 1 GHz (t=0)
	Instantaneous current 1 GHz - strip
	Peak power flow at 1 GHz [W/m^2]
	Instantaneous current 1 GHz - strip
	Instantaneous current 1 GHz - plane
	Analytical solution for current density
	Instantaneous current 10 GHz
	Peak conduction currents at 100 GHz
	Instantaneous surface current 1 MHz
	Instantaneous surface current 1 GHz
	Instantaneous electric field at 1 GHz
	Instantaneous magnetic field at 1 GHz
	Instantaneous power flow at 1 GHz
	Instantaneous displacement current at 1 GHz
	Instantaneous surface current 100 GHz
	Instantaneous magnetic field 100 GHz, t=0
	Instantaneous electric field 100 GHz, t=0
	What if we cut the plane?
	Surface current density at 1 MHz
	Surface current density at 1 GHz
	Electric field at 1 GHz
	Magnetic field at 1 GHz
	Power flow at 1 GHz
	Displacement current at 1 GHz
	Surface current density at 10 GHz
	Surface current density at 100 GHz
	Electric field at 100 GHz
	Magnetic field at 100 GHz
	Power flow at 100 GHz
	Displacement current at 100 GHz
	Observations
	Simberian Inc.


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /CMYK
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments true
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /DEU <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


